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1. INTRODUCTION

Liquid-crystal phases represent a form of “soft mat-
ter” [1]. Their high sensitivity to various external per-
turbations [2, 3] leads, in particular, to very strong opti-
cal orientation effects. For example, a light wave pass-
ing through a transparent nematic liquid crystal (NLC)
causes director 

 

n

 

 reorientation [4–6]. In this case, the
threshold power density for the Freedericksz transition
is only ~10

 

3

 

 W/cm

 

2

 

 [6].

Director rotation changes the refractive index of an
extraordinary wave, thus causing orientational nonlin-
earity of NLCs. The corresponding “giant” orienta-
tional optical nonlinearity exceeds the Kerr nonlinear-
ity of ordinary liquids by nine orders of magnitude [5].

Reorientation of molecules of transparent NLCs is
caused by the direct force action of a light field on
dipoles induced by the same field; the torque per NLC
unit volume is given by

(1)

where the parameter 

 

ζ

 

 is equal to the optical anisotropy

 

Δε

 

, 

 

A

 

 is the light field amplitude, and 

 

e

 

 is the light polar-
ization unit vector. Since 

 

Δε

 

 is positive, the director
rotates to align parallel to the light field and hence, the
refractive index for the extraordinary wave increases
(“positive” nonlinearity).
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A small addition (~1 wt %) of dye molecules can
significantly increase the efficiency of the orientational
effect of light (the nonlinearity can additionally
increase by two orders of magnitude) [7, 8]. The torque
acting on the director of an absorbing NLC is also
described by relation (1), in which, however, the
parameter 

 

ζ

 

 should be understood as a certain quantity

 

Δε

 

eff

 

 referred to as the effective optical anisotropy. In
this case, depending on the dye type and experimental
configuration, 

 

Δε

 

eff

 

 can be both positive and negative;
i.e., the director can rotate both parallel and perpendic-
ularly to the light field [9, 10] (in the latter case, the
refractive index decreases and the crystal exhibits neg-
ative orientational nonlinearity). The nonlinear-optical
response of absorbing NLCs can be characterized by
the ratio 

 

η

 

 = 

 

Δε

 

eff

 

/

 

Δε

 

, called the nonlinearity enhance-
ment factor.

Currently, physical mechanisms of orientation
effects in absorbing NLCs are a subject of study. It is
commonly accepted that the director rotation occurs
due to changes in intermolecular force strength in an
NLC sample when introduced dye molecules are
excited [8].

Orientational nonlinearities allow the observation
and study of various effects (e.g., the aberrational self-
action of light beams [6, 11–14], wave phase conjuga-
tion [15–22], formation and interaction of optical soli-
tons [23–29], appearance of periodic and stochastic
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oscillations of the director field [30–38], optical bista-
bilities [39–45], and others) at very low power densities
of light waves.

So far, almost exclusively low-molecular dyes have
been used as additions inducing orientational nonlin-
earity associated with changes in intermolecular forces.
It has remained unclear how complication of the molec-
ular structure can affect optical orientation effects.
Light-induced director reorientation caused by a high-
molecular compound, i.e., the conjugated polymer
MEH–PPV, was first observed in [46]. The correspond-
ing orientational nonlinearity was negative indepen-
dently of the experimental configuration, and its mag-
nitude exceeded the nonlinearity of the initial
(undoped) nematic matrix by an order of magnitude.

Large orientational optical nonlinearity induced by
comb-shaped polymer P1 in the nematic matrix was
observed in [47]; this nonlinearity exceeded that

induced by low-molecular azo compound AD, whose
structure is similar to side fragments of the polymer. In
this paper, we present experimental results on the effect
of light on liquid-crystal systems with added comb-
shaped polymers P1 and P2 differing by lengths of links
bonding azo fragments with the polymeric chain. The
orientational nonlinearities induced by polymers and
the low-molecular azo compound were compared in
detail. An explanation was proposed for an increase in
the nonlinearity as the molecular structure becomes
more complex.

2. EXPERIMENTAL CONDITIONS
AND SAMPLES

The structural formulas of comb-shaped polymers
P1 (molecular mass 

 

M

 

 = 4.7 

 

×

 

 10

 

4

 

) and P2 (

 

M

 

 = 7 

 

×

 

 10

 

3

 

)
are written as

 

The polymers contain cyanobiphenyl and azo frag-
ments attached to the alkyl chain by oxyaliphatic (P1)
and aliphatic (P2) links with different lengths. The
choice of polymers containing azo groups as an object
of study is explained by the fact that excitation of the
double bond of azobenzene chromophore by light can
cause strong orientation effects due to changes in inter-

molecular forces. Such effects are known, e.g., for mix-
tures of low-molecular azo compounds with viscous
liquids [48, 49], nematic matrices [10, 12, 50], and var-
ious liquid-crystal phases of polymers [51, 52].

The structural formula of the used low-molecular
azo dye AD similar to side azo fragments of polymers
is written as

CNO
COOCH

O
O

COOCH N

N CN
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(Fraction X = 60% and Y = 40%),

(Fraction X = 40% and Y = 60%).



 

174

 

JOURNAL OF EXPERIMENTAL AND THEORETICAL PHYSICS

 

      

 

Vol. 106

 

      

 

No. 1

 

      

 

2008

 

BUDAGOVSKY et al.

O
O

N

N CN
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The absorption maxima of polymers and azo dye AD
are in the ultraviolet region of the spectrum. In the
blue–green region (

 

λ

 

 = 440–550 nm), the absorbance of
these compounds monotonically decreases with
increasing light wavelength. For example, for a 0.5%
solution of P1 in the ZhKM-1277 nematic matrix, the
absorbances are 

 

α

 

||

 

 = 51, 43, 33, 14 cm

 

–1

 

 and 

 

α

 

⊥

 

 = 13,
11, 8, 3 cm

 

–1

 

 for wavelengths 

 

λ

 

 = 458, 473, 488, and
515 nm, respectively. The same absorbances were
obtained for sample ZhKM-1277 + 0.3% AD with
almost the same concentration of azo fragments. For a
0.5% solution of P2 in the ZhKM-1277 matrix, 

 

α

 

||

 

 =
23 cm

 

–1

 

 and 

 

α

 

⊥

 

 = 8 cm

 

–1

 

 (

 

λ

 

 = 473 nm).

The ZhKM-1277 nematic matrix (developed by the
Research Institute of Organic Intermediates and Dyes,
Russia) used in the experiments is a mixture of biphe-
nyls and esters. It forms a nematic phase in a wide tem-
perature range (–20

 

°

 

C to 60

 

°

 

C) and is characterized by
positive low-frequency dielectric anisotropy. The
refractive indices of extraordinary and ordinary waves
for ZhKM-1277 are 

 

n

 

||

 

 = 1.71 and 

 

n

 

⊥

 

 = 1.52 (

 

λ

 

 =
589 nm), respectively. We note that the presence of side
cyanobiphenyl groups in polymers P1 and P2 provided
their good solubility in this matrix.

The study was performed with liquid-crystal mix-
tures containing 0.1, 0.5, and 2% of P1; 0.5% of P2; and
0.3% of azo compound AD. Planar and homeotropi-
cally oriented cells of thickness 

 

L

 

 = 100 

 

μ

 

m were used.

Inner cell walls were coated with conducting layers of
indium oxide and tin oxide, which allowed us to apply
a low-frequency electric field to samples, thus varying
the angle 

 

δ

 

 between 

 

n

 

 and 

 

E

 

 [53].
Argon and solid-state lasers emitting at wavelengths

 

λ

 

 = 458, 473, 476, 488, 515, and 532 nm were used as
radiation sources. The light beam was focused into the
NLC by a lens with focal length 

 

f

 

 = 18 cm. The beam
polarization plane was rotated using a Fresnel double
rhomb. The liquid-crystal layer plane was vertical; the
unperturbed director 

 

n

 

0

 

 lay in the horizontal plane. The
angle 

 

α

 

 of light incidence on the crystal could be varied
by rotating the cell with the NLC about the vertical
axis. The light beam transmitted through the NLC was
observed on a screen.

The light-induced change in the refractive index was
studied using the light beam self-action appearing in
the formation of a characteristic system of aberration
rings in the beam cross section [6, 11]. The number of
aberration rings 

 

N

 

 is related to the sample-thickness-
average change 

 

Δ

 

n

 

 in the refractive index of the extraor-
dinary wave by the simple relation 

 

Δ

 

n

 

 = 

 

N

 

λ

 

/

 

L

 

. The sign
of the light-induced refractive index (i.e., in fact, the
director rotation direction) was determined by the aber-
ration pattern transformation when the NLC was
shifted perpendicularly to the incident light beam axis
[12].

3. RESULTS

A characteristic aberration pattern arose when
ZhKM-1277 crystals doped with polymers or azo dye
were irradiated. The pattern nature was orientational,
which was suggested by the dynamics of its formation
and relaxation; the formation time was 

 

τ

 

d

 

 ~ 20 s–1 min
(depending on the radiation power and the angle of
light incidence); the relaxation time was 

 

τ

 

r

 

 ~ 15 s.
The determination of the self-action sign showed

that light beam self-defocusing (negative nonlinearity)
occurs in polymer-doped samples (homeotropic and
planar) and a homeotropically oriented sample contain-
ing AD. A corresponding decrease in the refractive
index of the extraordinary wave is obviously caused by
director 

 

n

 

 rotation perpendicular to the light field 

 

E

 

.
In the case of the planar oriented AD-doped crystal,
light beam self-focusing was observed (positive nonlin-
earity; the refractive index increases due to the director

 

n

 

 rotation parallel to the field 

 

E

 

).
Observation of self-defocusing unambiguously

shows the relation of orientation effects in the liquid-
crystal systems under study with the presence of
absorbing additions.
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Fig. 1.

 

 Dependences of the number of aberration rings 

 

N

 

 of
self-defocusing on the power 

 

P

 

 of the light beam (

 

λ

 

 =
473 nm, 

 

α

 

 = 50

 

°) transmitted through homeotropically ori-
ented samples ZhKM-1277 with (1) 0.5% of polymer P1,
(2) 0.5% of polymer P2, and (3) 0.3% of dye AD added.
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The dependences of the number of aberration rings
N on the light beam power P are shown in Figs. 1 and 2.
We can see that an increase in P leads to a monotonic
increase and saturation of N. It is also seen in Fig. 1
that, outside the saturation region, the negative nonlin-
ear-optical response caused by the presence of polymer
P1 is approximately five times larger than the response
induced by P2 and approximately ten times larger than
that for “free” azo dye molecules. Most experiments
were carried out with polymer P1 (systematic features
for the crystal containing P2 are similar; only nonlin-
ear-optical responses differ).

Figure 3 shows the dependences of the number of
aberration rings N on the light beam power P for vari-
ous angles α of light incidence on the P1-doped planar
NLC. We can see that director reorientation at normal
light incidence (α = 0) has a threshold of Pth = 1.9 mW.
A similar behavior was observed for the P2-doped pla-
nar sample; the threshold power was Pth = 17.5 mW. It
should be noted that the orientational self-action of the
light beam did not develop at normal light incidence on
homeotropic samples and on the AD-doped planar
crystal since the director n in these experimental con-
figurations is initially oriented in the same direction in
which the light field E attempts to rotate it.

At a sufficiently large power P, the number of aber-
ration rings N approaches the maximum value Nsat in
the saturation region (Figs. 1–3), which corresponds to
a full rotation of the director n to align it perpendicu-
larly or parallel to the light field. For example, at nor-
mal incidence of the light beam on the planar NLC
(Fig. 3, curve 1), Nsat = 37. The maximum possible
number of rings, estimated for Δn = 0.19 on full rota-

tion of the director n about the beam axis to align per-
pendicularly to E, is Nmax = 40.

We note that systematic features of light-induced
director reorientation in NLCs with added polymers
(the threshold at normal incidence and reorientation
saturation) are the same as in the case of the light-
induced Freedericksz transition in transparent
(undoped) homeotropic NLCs [6, 54].

The efficiency of the effect of the light field
increases as the polymer P1 concentration increases or
as the light wavelength decreases. For example, as cp
increases from 0.1 to 2%, the threshold power Pth of
director reorientation decreases from 7 to 0.6 mW (pla-
nar crystal, λ = 473 nm). The Pth decrease slower than
the concentration cp increase can be explained by an
increase in the light wave damping. At cp = 0.5%, a
decrease in the wavelength from 515 to 476 nm results
in an approximately threefold decrease in Pth, which is
apparently caused by changes in light absorbances.

The nonlinear-optical response induced by polymer
P1 and azo dye AD in the extraordinary light wave field
was quantitatively determined. To this end, light beam
powers at which identical nonlinear-optical responses
of the liquid-crystal system were observed were com-
pared in the same configurations of the interaction
between the NLC director and light field (the threshold
powers of the Freedericksz transition or the powers at
which identical numbers of aberration rings are
observed were used as compared values). In the case of
a negative (induced by additions) nonlinearity, the
responses in NLCs with different orientations (for
example, the Freedericksz transition threshold in

N
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Fig. 2. Dependences of the number of aberration rings N on
the power P of the light beam (λ = 473 nm, α = 50°) trans-
mitted through the planar oriented samples ZhKM-1277
with an added (1) 0.5% of polymer P1 (beam self-defocus-
ing), (2) 0.5% of polymer P2 (beam self-defocusing), and
(3) 0.3% of dye AD (self-focusing).
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Fig. 3. Dependences of the number of aberration rings N of
self-defocusing on the power P of the light beam (λ =
476 nm) transmitted through the planar oriented sample
ZhKM-1277 + 0.5% P1 at incidence angles α = 0, 20°, and
40° (curves 1–3, respectively).
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undoped homeotropic and doped planar NLCs) were
compared.

For λ = 488 nm, the threshold of the light-induced
Freedericksz transition in the planar sample ZhKM-
1277 + 0.5% P1 is Pth = 2 mW. The transition threshold
in the homeotropically oriented sample of the undoped
ZhKM-1277 matrix with the same thickness is Pth =
115 mW. The corresponding nonlinearity enhancement
factor (defined in the Introduction) is η = –57.5. A com-
parison of the dependences N(P) measured at α = 50°
and λ = 473 nm for homeotropic and planar samples of
ZhKM-1277 + 0.1% P1 with the corresponding depen-
dences for pure NLCs yielded the value η = –30. In the
case of AD-doped NLCs, at α = 50° and λ = 473 nm,
the values η = 10 and –12.5 were obtained for planar
and homeotropic samples, respectively. For planar and
homeotropic samples doped with 0.5% P2, η = –20 and
–10, respectively (α = 50° and λ = 473 nm).

Figure 4 shows the dependence of the number of
rings N on the angle ϕ of rotation of the plane of polar-
ization (with respect to the horizontal plane) for the
light beam transmitted through the NLC. In case of pla-
nar sample ZhKM-1277 + 0.5% P1, we can see that the
transition from horizontal polarization (ϕ = 0, e wave)
to vertical polarization (ϕ = 90°, o wave) results in the
aberration pattern “collapse” (N decreases from 33
to 0). A similar dependence is observed during irradia-
tion of the sample containing P2. However, the depen-
dence of the light self-action on its polarization for pla-
nar sample ZhKM-1277 + 0.3% AD (inset in Fig. 4)
differs essentially. In this case, the rotation of the plane

of polarization leads to a change in the self-action sign
(self-focusing is changed to self-defocusing).

A fundamental difference also exists when a low-
frequency (ν = 3 kHz) field is applied to planar NLCs
with added comb-shaped polymers and AD. In the case
of ZhKM-1277 + 0.5% P1 (Fig. 5) and ZhKM-1277 +
0.5% P2, light beam self-defocusing is continuously
observed as the voltage U increases. The dependence of
N(U) is nonmonotonic; its shape depends on the sign of
the angle α (curves 1 and 2). Application of an external
low-frequency voltage to the planar crystal doped with
AD molecules (inset in Fig. 5) results in a self-action
sign change at negative α (curve 2). At positive α, the
self-action (self-focusing) sign is unchanged.

Application of a low-frequency field to homeotropic
NLCs leads to a monotonic decrease in N (suppression
of the director field deformation) independently of
sample composition.

4. DISCUSSION

Thus, negative nonlinearity is observed in NLCs
with added comb-shaped polymers P1 and P2 indepen-
dently of the experimental geometry (angle δ between
E and n). Indeed, self-defocusing was also observed in
homeotropic and planar samples for an extraordinarily
polarized wave, including the case of the presence of a
low-frequency electric field. Application of a low-fre-
quency electric field to the planar NLC allowed the
determination of the nonlinearity sign at angle δ values
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Fig. 4. Dependence of the number of aberration rings N of
self-defocusing on the angle ϕ of rotation of the plane of
polarization for the planar sample ZhKM-1277 + 0.5% P1
(λ = 473 nm, P = 4 mW, α = 60°). The inset shows the
dependence N(ϕ) for planar ZhKM-1277 + 0.3% AD (λ =
473 nm, P = 4 mW, α = 60°); inverted and upright triangles
correspond to beam self-defocusing and self-focusing,
respectively.
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Fig. 5. Dependences of the number of aberration rings N of
self-defocusing on the low-frequency (ν = 3 kHz) voltage U
for the planar oriented sample ZhKM-1277 + 0.5% P1 (λ =
473 nm, P = 1 mW) at incidence angles α = 40° and –40°
(curves 1 and 2, respectively). The inset shows the depen-
dence N(U) for planar ZhKM-1277 + 0.3% AD (λ =
473 nm, P = 1 mW) at α = 40° and –40° (curves 1 and 2,
respectively); inverted triangles correspond to beam self-
defocusing and upright triangles correspond to beam self-
focusing.
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unattainable in planar and homeotropic samples due to
light refraction at their boundaries (32° ≤ δ ≤ 58°). In
this case, the difference between the dependences N(U)
for positive and negative angles α (Fig. 5) is caused by
the director pretilt, which sets a well-defined rotation
direction n under a low-frequency field [53]; at suffi-
ciently large U, the director in the NLC volume is ori-
ented perpendicularly to walls and light-induced reori-
entation is suppressed. In the case of the interaction of
light with the superposition of extraordinary and ordi-
nary waves (Fig. 4), the nonlinearity was also negative.

Let us compare the nonlinearity induced by polymer
P1 with the results previously obtained for other liquid-
crystal systems. First, we note that the nonlinearity
enhancement factor η is proportional to the absorbing
molecule concentration; therefore, it is reasonable to
characterize the nonlinear-optical response by the ratio
of the factor η to the absorbance η' = η/α or, e.g., by the
quantity ηα = η/(α|| + 2α⊥), proportional to the ratio of
the factor η to the absorbance αav = (α|| + 2α⊥)/3 aver-
aged over director orientations. The advantage of the
quantity ηα is its independence from the experimental
configuration in the case of a constant conformational
composition of chromophores.

For the liquid-crystal system with polymer P1, the
parameter η = –30 measured at λ = 473 nm in the case
of oblique incidence corresponds to ηα = –2.3 cm (the
values of η' for homeotropic and planar NLCs are –8
and –3.9 cm). The parameter ηα determined at λ =
488 nm by the Freedericksz transition threshold is
smaller by a factor of 2.5. In the case of planar and
homeotropic samples ZhKM-1277 + 0.5% P2, ηα =
−0.5 and –0.25 cm, respectively (λ = 473 nm).

The nonlinearity parameter ηα = –2.3 cm in magni-
tude exceeds the maximum (to our knowledge) value
ηα = –0.05 cm for negative nonlinearity by more than
ten times (calculated by the data of [9], where nonlin-
earity was induced by anthraquinone dye D4). It also
exceeds the maximum value for positive nonlinearity,
ηα = 0.8 cm (calculated by the parameter η' = 3.4 cm
[55]; the nonlinearity was caused by oligothiophene
TR5).

Let us now consider the nonlinearity induced by
low-molecular dye AD. As noted above, AD belongs to
the class of azo compounds. Previously, a sign-alternat-
ing nonlinearity dependent on the angle δ was observed
in NLCs with dyes of this class [10, 12, 50, 56]. This
effect is due to different properties of trans and cis iso-
mers of azo molecules. The presence of trans and cis
isomers in the nematic matrix induces negative and
positive nonlinearity, respectively. Without irradiation,
molecules are mostly in the trans state. Absorption of
light photons increases the concentration of cis iso-
mers, and the ratio of isomer concentrations becomes
dependent on δ (this dependence is caused by the

smaller orientational order parameter of cis isomers in
the nematic matrix). As a result, as δ increases, the non-
linearity changes sign from plus to minus at a certain
critical value δc.

Precisely this effect explains the results obtained for
NLCs with added AD. The sign change from plus to
minus occurred as δ increased during the transition
from planar to homeotropic orientation under a low-fre-
quency field applied to the planar NLC (inset in Fig. 5)
and during rotation of the plane of polarization, i.e., the
transition from extraordinary wave to ordinary wave
(inset in Fig. 4).

The critical angle δc can be estimated using the rela-
tion

(2)

where ϕc is the critical angle of rotation of the plane of
polarization, at which the sign of the dependence N(ϕ)
changes. It is ϕc = 35° (inset in Fig. 4), and the refrac-
tion angle δ determined from Snell’s law (for the angle
of incidence α = 60°) is 58°. This results in δc = 44°.

We now turn to the possible causes of the difference
between nonlinearities induced by polymers and “free”
azo molecules. Exact determination of these causes
requires detailed information on the photoconforma-
tional activity and rotational diffusion of polymer frag-
ments and azo molecules, their spatial arrangement
with respect to nematic matrix molecules, changes in
intermolecular potentials during absorption of light
photons, and so on. Nevertheless, some assumptions
can be stated on the basis of the models of nonlinearity
sign alternation [50] and light-induced director reorien-
tation [57].

According to [50], the nonlinearity induced by azo
compounds depends on the ratio of concentrations of
trans and cis isomers, in turn dependent on their photo-
isomerization cross sections and the orientational order
parameters.

However, the processes of photoisomerization of
azo compounds should be mainly controlled by a mol-
ecule part directly bound with the azo group, and it is
identical for azo fragments of polymers and AD mole-
cules. Therefore, the problem of the effect of molecular
structure complication on the ratio of isomers in a light
field requires independent study. In the case at hand, the
effect of links on the order parameters seems improba-
ble due to the above-mentioned identity of absorption
spectra of polymer P1 and AD molecules.

In our opinion, an important role in the nonlinearity
enhancement is played by the difference in the symme-
try of the arrangement of nematic matrix molecules
with respect to the “free” molecule and bound frag-
ment; the “free” molecule is surrounded by matrix mol-

ϕc

δcsin
δsin

------------⎝ ⎠
⎛ ⎞ ,arccos=
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ecules on all sides; in the case of side azobenzene
groups of polymers, this is hampered by the polymer
backbone.

Let us explain this in more detail. According to [57],
the light-induced director reorientation is caused by the
torque occurring due to changes in intermolecular
forces during orientation-selective excitation of mole-
cules by polarized light. In this case, the necessary con-
dition for such a torque is the eccentricity of the inter-
molecular interaction potential [58].

Let us first consider the moment arising during exci-
tation of a “free” dye molecule. Let the direction of its
major axis be set by the unit vector l(d) (Fig. 6). The dis-
persion interaction potential between fluctuation dipole
moments of dye molecules and the nematic matrix is
given by

(3)

where B is the coefficient depending on the quantum
molecular state of the dye, l(m) is the unit vector parallel

U d m,( ) B

R6
----- l d( ) l m( )⋅( )2

6 l d( ) l m( )⋅( )–[–=

× m l d( )⋅( ) m l m( )⋅( ) 9 m l d( )⋅( )2
m l m( )⋅( )2 ],+

to the major axis of the matrix molecule, and m = R/R,
where R = rm – rd is the vector connecting the dye and
matrix molecule centers.

The eccentricity of potential (3), i.e., the nonparal-
lelism of forces acting on dye molecules (F(d) =
−∂U(d, m)/∂rd), matrix molecules (F(m) = –∂U(d, m)/∂rm),
and the vector R, leads to the formation of a nonzero
torque acting on the pair of molecules under consider-
ation,

(4)

The change in this moment caused by dye molecule
excitation (the change ΔB in the coefficient B in (3)) is
given by

(5)

The value of ΔM(d, m) should be averaged over the rela-
tive orientation of dye and matrix molecules. To this
end, let us assume that the centers of neighboring
matrix molecules (we suppose that their number is
equal to Nn ~ 6) are equiprobably arranged on the sur-
face of the ellipsoid of revolution (prolate along l(d), see
Fig. 6) with semiaxes a and b (a > b). In this case, the
averaged moment is written as

(6)

where integration is performed over the ellipsoid sur-
face and Sel is the area of this surface. Let us introduce
a coordinate system whose Z axis is parallel to the
major axis of the dye molecule (vector l(d)); the X axis
is perpendicular to the Z axis and lies in the plane
defined by l(d) and the director n, and the Y axis is per-
pendicular to the plane XZ (Fig. 6). In this coordinate
system, assuming for simplicity that l(m) = n,

(7)

where β is the angle between l(d) and n; Ω and ϕ are the
polar and azimuthal angles.

Substituting (7) into (6), we obtain

(8)

M d m,( ) m
∂U d m,( )

∂m
-----------------× .=

ΔM d m,( ) 6ΔB

R6
----------- l d( ) l m( )⋅( ) 3 m l d( )⋅( )–(=

× m l m( )⋅( ) ) m l m( )⋅( ) m l d( )×[ ](

+ m l d( )⋅( ) m l m( )×[ ] ).

ΔM d m,( )〈 〉
Nn

Sel
------ ΔM d m,( ) S,d

S

∫=

lx
d( ) 0,= ly

d( ) 0,=

lz
d( ) 1,= lx

m( ) β,sin=

ly
m( ) 0,= lz

m( ) β,cos=

mx = Ω ϕ,cossin my = Ω ϕ,sinsin

mz = Ω,cos

ΔM d m,( )〈 〉 3ΔB

b6
-----------g μ( ) l m( ) l d( )⋅( ) l m( ) l d( )×[ ],=

Z

n

m

R

Y
l(m)

X

l(d)

a

b

β Ω0

Fig. 6. Geometry of the interaction of excited dye molecules
or polymer fragment with surrounding molecules of the
nematic matrix: l(d) and l(m) are unit vectors parallel to the
major axes of dye molecules (the fragment) and the matrix;
R is the radius vector connecting the centers of dye mole-
cules (the fragment) and the matrix, m = R/R; n is the NLC
director; β is the angle between the major axis of the dye
molecule and the director; a and b are the semimajor and
semiminor axes of the ellipsoid of revolution, on which
matrix molecules can be arranged; Ω0 is the polar angle
within which (in the case of polymer) matrix molecules can-
not be arranged.



JOURNAL OF EXPERIMENTAL AND THEORETICAL PHYSICS      Vol. 106      No. 1      2008

ORIENTATIONAL OPTICAL NONLINEARITY INDUCED BY COMB-SHAPED POLYMERS 179

where

(9)

and μ = (a2 – b2)/a2. Expression (8) obviously holds true
for an arbitrary orientation of the matrix molecule. The
probability that the dye molecule is in the excited state
(under the assumption that its absorption oscillator is
parallel to l(d)) is given by

(10)

where Sp = cn|A |2/8π is the Poynting vector, e is the
polarization vector, ω is the frequency, n is the refrac-
tive index, A is the complex amplitude of the light wave,
σ0 = (α|| + 2α⊥)/cd, cd is the dye molecule concentration,
and τ* is the minimum of the two times (i.e., the dye
molecule lifetime in the excited state and the rotational
diffusion time). Additionally multiplying (8) by (10)
and cd and then averaging over the dye and matrix mol-
ecule orientation, we arrive at expression (1) with

(11)

where Sd = 〈P2((n · l(d))2)〉, Sm = 〈P2((n · l(m))2)〉, and  =
〈P4((n · l(d))2)〉 are the order parameters of dye and
matrix molecules, expressed in terms of averaged Leg-
endre polynomials.

It follows from (9) and (11), Δεeff = 0 at a = b. Thus,
the necessary condition of the appearance of optical
nonlinearity is correlation function anisotropy, i.e., the
dependence of the distance between molecules with
given orientations of major axes on the direction. Using
(11) and the values Nn = 6, ΔB/a6 ~ kBT ~ 4 × 10−14 erg,
c = 3 × 1010 cm/s, n = 1.5, τ* ~ 10–8 s, �ω = 4 × 10−12 erg
(λ = 473 nm), Sm ~ Sd ~  ~ 0.5, and g = 1, we estimate
the parameter ηα = Δεeff/Δε(α|| + 2α⊥) as ηα ~ 3, which
corresponds to experimental data in order of magni-
tude.

Expression (11) relates to low-molecular dye mole-
cules (“free” azo fragments). In the case of polymer,
surrounding molecules of the nematic matrix are not
distributed within the total solid angle 4π (this is pre-
vented by the polymer chain). To estimate the effect of

g μ( ) Ω Ω 1 μ Ωcos
2

–( )sind

0

π

∫⎩
⎨
⎧

=

× 1 μ 2 μ–( ) Ωcos
2

–( )
1/2

15 Ωcos
4

12 Ωcos
2

– 1+( )
⎭
⎬
⎫

× Ω Ω 1 μ 2 μ–( ) Ωcos
2

–( )
1/2

1 μ Ωcos
2

–( )
2

-------------------------------------------------------sind

0

π

∫⎩ ⎭
⎨ ⎬
⎧ ⎫

1–

w l d( )( )
Spτ*σ0

�ω
----------------- e l d( )⋅( )2

,=

ζ Δεeff=

=  
2NnΔBg μ( )cnτ* α|| 2α⊥+( )Sm 7 5Sd 12Sd'–+( )

35b6
�ω

----------------------------------------------------------------------------------------------------------------,

Sd'

Sd'

this factor, integration over the polar angle Ω in (9)
should be performed in the range Ω0 < Ω < π, rather
than from 0 to π. In this case, the factor g in (11)
becomes nonzero even at μ = 0,

(12)

In the first nonvanishing in μ and Ω0 approximation,

g = –  – 16μ/105. Hence, azo fragment attachment to
the polymer chain can increase the orientational nonlin-
earity.

The difference between nonlinearities induced by
polymers P1 and P2 is obviously caused by the differ-
ence between lengths of links connecting chro-
mophores with the alkyl chain. Shorter links of P1 to a
greater extent limit the arrangement of matrix mole-
cules around chromophores, which causes greater non-
linearity.

We note that the explanation of the constant sign of
nonlinearity induced by polymers within the model
under consideration requires, in particular, a rather
complex consideration of the difference in spatial struc-
tures of trans and cis isomers.

5. CONCLUSIONS

Thus, the light-induced director reorientation in an
NLC with added comb-shaped polymers P1 and P2
containing light-absorbing side azo fragments and azo
compound AD with a structure similar to the azo frag-
ments was studied in detail.

It was shown that the orientational optical nonlin-
earity induced by the polymers is negative (the director
rotates to align perpendicularly to the light field), while
the sign of the AD-induced nonlinearity depends on the
geometry of the interaction between the director and
light field. In planar oriented samples with added poly-
mers, all the characteristic features of the light-induced
Freedericksz transition are observed.

The ratio of the induced nonlinearity to the absor-
bance averaged over the director orientation is larger
for polymer P1, with a shorter link than that of polymer
P2, and exceeds corresponding values for azo com-
pound AD and other previously studied dyes.

It was shown that the difference in orientational
optical nonlinearities caused by polymers and “free”
azo molecules can be explained by a change in the sym-
metry of the arrangement of matrix molecules with
respect to the azo fragment when the latter is bound by
the polymer chain.

g
3 Ω0cos

5
4 Ω0cos

3
– Ω0cos+

2
---------------------------------------------------------------------.=

Ω0
2



180

JOURNAL OF EXPERIMENTAL AND THEORETICAL PHYSICS      Vol. 106      No. 1      2008

BUDAGOVSKY et al.

The results of this study show prospects for complex
liquid-crystal systems containing macromolecules for
increasing the efficiency of optical orientation of liq-
uid-crystal systems.
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